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ABSTRACT: The main object of this
paper is to derive the sufficient

Sf(z)
conditions for the function to be in

S, (7)
the class which denotethe subclass
of starlike functions corresponding to the
uc,

family of uniformly convex
functions.Further we investigate the
distortion properties and radius of
convexity estimates.Also, we determine
extreme points and closure theorems.
AMS Subject Classification: 30C45
Key Words and Phrases: Convex
Functions, Starlike Functions, Distortion
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1. Introduction

Let denote the class of functions
of the form

fl2)=z+ ia”z"

n=2 n

(1)

that are analytic in the open unit disk
U={z:lz|]<]]

T
Also, let  denote the class of functions
f(2)
of the form
f@=z-Yaz 0,20

n=2 n

that are analytic in the open unit disk
U={z:|z|<l}

f(z)eT
A function is said to be starlike of
a,0<a<l1
order , if and only if
Re zj_(z]l >0
f1z)3

and convex if and only if

Re(1+L(ZD >

A (ZU zelU
,with .
f(z)
Definition (1) A function is
U
uniformly convex (uniformly starlike) in
Sf(2)
if is convex (starlike) and has the
S
property that for every circular arc
U g U

contained in , with center also in

fls)

,the arc is convex (starlike) with
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f(é) H:)[alaﬁl]
respect to .The class of uniformly Where is called Dziok-

uc,
convex functions is denoted by and
the class of uniformly starlike functions
Us,
by  [3] (also refer [4],[9]).These
subclasses were introduced and defined
uc,
by Goodman [1] and [2]. The class
describes geometrically the domain of

of"(2)
/2]
values of the expression ) )
f(z) € UCp

1+

as a parabolic region [8].
m:{a)e C:(Ima)]2 <2Re£0—1]

f(z]eUCp
Definition (2) [11] if and
only if

Z
Re[l+
-1<y<l

Definition (1.3) [3] For , we let
S ([eq]7)

Zf" I,ZEU

(3)

denote the subclass of starlike
functions corresponding to the family of

flzJe 4
uniformly convex function for s.t.
Re Z(H:[alvﬁl]f(z)) 4> Z(H(f[anﬁl]f(z]) _1
Hla, B/ z) | H!le.B1/(2)

(4)

Srivastava Operator[6].

Recently, Kanas and Srivastava[10],
Srivastava and Mishra[4] and Vijaya and
Murugusundaramoorthy[7] defined
subclasses of uniformly convex and
starlike function making use of various
operators.

flz)eT
In this paper, for we suppose
G':T—>T
be a linear operator defined by

(5)

Where
Hfb H (a +0: n— 1)
F(ai"”) : i: !
[ra, []r(6,+8,(n-1) "~V
j=1 j=1
(6)
q
[1re,
P oq = j;l Pl‘(/‘l'
Hraj
J=l /rwq
and . Here is the
Fox-Wright function [5].
-1<y<1 Sf(?’)
For , we let denote the

subclass of starlike functions
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uc,  flz) or,
;c;rresponding to the family for zgr{%”)(n 1 |a { ZF(%”) }1
BN e m
G’ 1(z) "6l Z(Zn—l—y)l’{aj,nﬂan <1l-y
or, )
(7) Hence, the theorem is proved.

Distortion Properties and Radius of
Convexity Estimates

flz)eS!(y
Theorem 2.2 If then for
0<|z|=r<l-1<y<l

2. Main Results
flz)
Theorem 2.1 Let be given by (2). If

i(Zn—l—y] (a,n)|a,|<1-

-1<y<l1 e
and
_1_77’ 2 1_77/,2

flz)e8;(y) [(a;.n| G-y S‘ﬂzﬂs'u’(ss—;/)r(a/,z)’
then where is given ‘ '
by (6). 3 I-y

: <
s?(7) QZ“ (2n-1-7)[(a,.n)

Proof: By (7) for the class it Proof: |
suffices to show that 0<|=r<1
R Z(G{’f{z)) ks Z(G(:pf(z]) O Thus for )

G(jf(z] szf(z] |f(z)’: Z—E(I”Z”

(G 1(2)
— = ' L] - _n
AT | <k Elof
or,
or, <r+r 21—7/' n=2
- (3-7(a,2)’
z{l —ZF( af,n] a”nz"}

2 =2 —l|<1-y NI S

z—zr[aj,n)a”z" f@l=f ”Xz;‘anz

=2 And
or, ) > 2]~ )_:a”z” >4~ D“H |
2 Er(aj,n)(lwn)a,rz" <(1-7) Z~Ef[a1,n)a”z"
— n=2 Hence,
r—1_77/)f25|f(z:)|5r+1_—711’2
(B-1l(a;2) (B-1I(a.2)
and,
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_M,ﬂg‘f'(z)‘gHMr flz)e 8]
(B-yl(a;,2) G-yl(a;2) Hence,
Conversely,
Extreme Points and Closure Theorem f(z) €S (y)
. q
/2] , If then
Theorem 2.3 Let be given by (2). Iy
fiz)=z a,< 2n-1-70a n)
Define and £
I~y
—2- 122 (2n-1-7)l(a,n)
Ja=z @n-1-plam " b, =, e
\ , Setting and
EENA) 2]
Then if and only if can h=1- ):,b

be expressed as in the form

Zb,,;ﬁ, )b > OZb =1

n=l

flz) =Y b1,(2)
n=|
Proof: If with
;bn:bl-*-;bu :l bnzo
and then
flz)=bf(2) +):b,,f,

n=2 n=2

—_ l_y '
=0-Y )+ )b, { 2n-1- y)r(a_,-,")zl

o

g — - 1_'}/ n
ey ;(2n—1—y)r(a,,n) o

Now in view of Theorem 2.1

| -y
;217 -1- }/F(a ﬂ)| 2n-1-7)T[a.1]

bl=1A0-

n=2

=(l=-p(1-b)<l-y

Qb, 20}

It follows that
And this completes the proof of the theorem.

S, (1)
Theorem 2.4 The class is closed
under convex linear combination.

£O(3) ==L als
Proof: Suppose ;
(i=1,2) S, ()
arein :
flz)==-0f"@)+1f(2)
Let ;
0<t<]

Then

z)=z- Z[(l -t)a" +taﬂ z"

n=2

We have in view of Theoremlz.l

i( 2n-1-9)T(a,,n) [aﬁ”(l —t)+taﬂ

n=2

:(I—I)i[2n—l—y)l“(a n)a +r): (2n-1-7)T(a,.n)c

n=2 n=2
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